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Abstract. We present a stereo image denoising algorithm. Our algorithm takes as an input a pair of noisy images of an object captured from
two diﬀerent directions (stereo images). We use either Maximum Diﬀerence or Singular Value Decomposition similarity metrics for identifying
locations of similar searching windows in the input images. We adapt
the Non-local Means algorithm for denoising collected patches from the
searching windows. Experimental results show that our algorithm outperforms the original Non-local Means and our previous method Stereo
images denoising using Non-local Means with Structural SIMilarity (SSSIM), and it helps to estimate more accurate disparity maps at various
noise levels.
Keywords: Non-local means · Patch-based image ﬁltering · Stereo
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1

Introduction

Digital images are often contaminated with undesired random additive noise
during data acquisition, transmission or compression phases. Additive noise is
generally modelled as:
υ(x) = u(x) + n(x), x ∈ Ω

(1)

where υ(x) is the noisy image, u(x) is the noise-free image, n(x) is the additive
noise, and Ω denotes the set of all pixels in the image. If n(x) is a Gaussian
random process, then the noise is recognized as an additive Gaussian noise. This
noise varies from being almost imperceptible to being very noticeable. Image
denoising schemes attempt to estimate a new image that is closer to the noisefree image.
Patch-based image ﬁltering is mainly a proximity operation dividing the noisy
image into patches, or blocks, which are then manipulated separately in order
to provide an estimate of the true pixel values based on similar patches located
within a searching window. Such patch-based methods include Non-local Means
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(NL-Means) [1], K-means and Singular Value Decomposition (K-SVD) [2], and
Block Matching 3D (BM3D) [3].
The NL-Means ﬁlter is a modiﬁed version of the pixel-based bilateral ﬁlter
[4]. It preserves edges and blurs homogeneous areas by exploiting similarities
among the various parts of the input image. Adapting the NL-Means ﬁlter for
denoising stereo images would improve the extracted depth information from
noisy stereo images.
A stereo imaging system uses two cameras located within the optical axes
parallel and separated by distance. This system produces two or more images
called multi-view images. The depth information can be extracted from these
images by analyzing the diﬀerences between the images. Utilizing multi-view
images is also widespread in video denoising [5,6]. Noisy stereo images often
give disappointing depth information [7–9].
In this work, NL-Means is utilized for denoising stereo images. Our proposed
method extends the NL-Means searching window to search the two images when
seeking similar patches. In addition, we utilize the Maximum Diﬀerence (MD)
and Singular Value Decomposition (SVD) similarity metrics. To improve the
speed performance of our scheme, we bounded the utilized search windows to a
ﬁxed maximum size.

2

Previous Work

Zhang et al. showed that using multi-view images for image denoising has an
outstanding beneﬁt over using only one-view image [10], where a noisy pixel in
multi-view images is estimated based on the corresponding pixels from all other
images. In addition, they extended the idea of using patch-based PCA denoising
from a single image to multi-view images denoising, where similar patches are
collected locally and globally from the multiple images before applying the PCA
algorithm. Maximum A Posteriori-Markov Random Field (MAP-MRF) is utilized by Heo et al. as a model for energy minimization in order to compute the
disparity maps from multi-view image [11]. They proposed an algorithm that initially restores intensity diﬀerence by adapting NL-Means algorithm. Then, the
dissimilarity of support pixel distributions are calculated, where mean square
error (MSE) is utilized to group similar patches. In our previous work (S-SSIM)
[12], we have adapted the NL-Means method for ﬁltering stereo images in order
to improve extracting the depth information disparity maps. Yet, our previous
algorithm failed to achieve encouraging results when denoising stereo images
with high noise level (σ > 20), because the structural similarity index is utilized. This is due to the fact that when the noise level increases, the structural
similarity index would favor those patches with a similar noise pattern not the
structure of the patches.
The rest of the paper is organized as follows. Section 3 describes the utilized
methodology and the proposed method. In Sect. 4, we compare the performance
of our proposed method with other denoising ﬁlters. Section 5 oﬀers concluding
comments, and future work.
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Methodology
Patch Similarity Metric

Patch similarity measures assist similarity between patches within a searching window, based on the apparent diﬀerences. Patch-based denoising methods
rely on accurate patch similarity measures. We proposed using two diﬀerent
similarity metrics: Maximum Diﬀerence or SVD-based similarity metrics. The
maximum diﬀerence intends to ﬁnd similarity between patches by computing
the absolute maximum diﬀerence between reference patch and other patches.
Meanwhile, SVD-based measure utilizes Singular Value Decomposition (SVD)
to assist the similarity between patches [13]. SVD-based similarity metric consists of two stages: in the ﬁrst stage, visual quality features are extracted from
patches and their singular values are calculated, whereas in the second stage a
machine learning scheme is utilized to identify the most discriminant features.
3.2

Non-local Means

The original NL-Means ﬁlter divides the input images into patches before ﬁltering each patch separately. The similarity between patches in NL-Means is
assessed based on the Euclidean and the luminance distances between patches.
Patches with similar grey levels are assigned larger weights when averaging.
Equation 2 is used to estimate a pixel i using NL-Means ﬁlter,

ω(i, j) [v]j
(2)
N LM eans [v]i =
j∈I

where [v]i and [v]j are pixels intensities at location i and j, respectively, and
ω(i, j) is a similarity measure between pixels i and
 j. The similarity weight,
ω(i, j), satisﬁes the condition 0 ≤ ω(i, j) ≤ 1 and j ω(i, j) = 1. It depends on
the grey level similarity and the Euclidean distance between vectors N [v]i and
N [v]j , where N [v]k denotes a square neighbourhood of ﬁxed size and centred
at a pixel k. The weights are described as,
2

1 − (N [v]i )−(2N [v]j )
h
e
ω(i, j) =
Z(i)

(3)

where Z(i) is a normalization factor and h is a ﬁltering parameter set depending
on the noise level. NL-Means ﬁlter preserves edges, regardless of their directions.
The searching windows and patches size are determined based on the noise level.
The size of the patches increases when the noise level is high.
3.3

The Proposed Method

We describe a new method for improving the process of denoising stereo images.
The novelty of this method is the use of the NL-Means algorithm to denoise
multi-view images by using either the maximum diﬀerence or SVD similarity
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measurements. Similar patches from left and right stereo images are used in order
to increase the number of similar patches. In order to ﬁnd similar patches, the
reference patch is compared with other patches by using either MD or SVD-based
similarity metrics. When there are similarities between the reference patch and
the other patches, patches are grouped for weighted averaging process. Figure 1
shows an example of a collection of similar patches in a stereo image pair using
our proposed method.

Fig. 1. Collecting similar patches from a stereo image: the patch with a black border
is the reference patch, and the patches with white borders are similar patches

3.4

Algorithm Outline

Our algorithm is illustrated in Fig. 2. At each pixel k, the following procedure is
performed:
1. Choose a ﬁxed-size square patch “reference patch” N [vl]k centered at location
k from the left image.
2. Use either MD or SVD-based similarity metrics to ﬁnd the best match N [vr]q
centered at location q for the reference patch within a bounded searching area
in the right image and identify its window location.
3. Collect patches from the two windows and assign weights ω to each patch.
Similar patches to the reference patch are assigned high weights. The weights
are assigned as described in Eq. 3.
4. Calculate the weighted average of patches, in order to estimate the true pixel
of the left image. The estimated value N LM eans [vl]i , for a pixel i located
in the left image is computed as described in Eq. 2.

4

Results

This section provides an experimental study for the performance of the proposed methods. We use a ﬁxed 5 × 5 patch size and a ﬁxed 9 × 9 searching
window size. The ﬁxed bounded searching area is used with the size (−20, +20).
Four stereo images are used in this experiment. The four images are grey-scale
images, and they are shown in Fig. 3. MatLab is used for this experiment. The
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Fig. 2. A block diagram of the proposed denoising method for stereo image denoising

Fig. 3. The four used stereo images in the experiment: (a) cones images 450 × 375,
(b) teddy images 450 × 375, (c) tsukuba images 384 × 288, and (d) venus images
434 × 383.

computers processor is Intel Core i7 (2.5 GHz). The methods are evaluated both
qualitatively and quantitatively, respectively.
4.1

Qualitative Evaluation

The methods are perceptively evaluated in this section. Additive White Gaussian
Noisy (AWGN) stereo images with (σ = 40) are chosen to perform this evaluation. Fragments of the four noisy grayscale stereo images and the corresponding
estimates are shown in Fig. 4. Each column shows the results of the same denoising method when applied to diﬀerent images. Figure 5 shows the disparity maps
of these denoised images.
The fragments images in Fig. 4 show that our methods outperform other
methods. Our methods preserve sharp edges; e.g., the newspaper edges in venus
image. Homogeneous regions are smoothed properly by our methods; e.g., head
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Fig. 4. Fragments of the noisy grayscale stereo images: (a) Original images, (b) AWGN
images (σ= 40), (c) NLM, (d) S-SSIM, (e) S-MD* and (f) S-SVD*

Fig. 5. Fragments of the disparity map images: (a) Original images, (b) AWGN images
(σ= 40), (c) NLM, (d) S-SSIM, (e) S-MD* and (f) S-SVD*
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and lamp in tsukuba image. The fragments of the disparity maps in Fig. 5 show
that our methods outperform other methods. Our methods produce disparity
maps with less errors; e.g., head and lamp in the disparity map of tsukuba
image.
4.2

Quantitative Evaluation

Two image similarity metrics are used for the objective comparison between
the results: (1) Mean SSIM (MSSIM) [14], and (2) peak signal-to-noise ratio
(PSNR). The best result for SSIM is 1, while the PSNR has good results when
its value is high. The experimental results of our proposed method are shown
in Table 1, which compares the performance of our proposed methods (S-MD*
and S-SVD*) with the original NL-Means and our previous method (S-SSIM).
A bold font with a wavy under-bar highlights the highest values of SSIM, while
the highest values of PSNR are highlighted with a bold font.
Figure 6 shows the performance of the methods on tsukuba image at various noise levels. The chart depicts that our methods are the preferable ones
(from SSIM point of view). Our methods are preferable when they are used for
denoising any of the four stereo images at any noise levels.

Fig. 6. The MSSIM performance of the denoising methods: NLM, S-SSIM, S-MD*,
and S-SVD*, for the four stereo images at varies noise levels (σ).
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Table 1. The performance of the denoising algorithms at various noise levels (σ).

5

Conclusions

In this paper, we looked at stereo image denoising as a multi-view image denoising process. We restored the noisy images by using either maximum diﬀerence or
SVD-based similarity metrics. Empirical results show that our method achieved
better denoising than the original Non-local Means and our previous work (SSSIM). We used bounded searching areas instead of searching full areas, as in
S-SSIM, for optimizing its speed. We believe that our work opens a door for
future work, such as investigating the traditional similarity metrics in Non-local
Means when assigning the weights between similar patches. We believe that
using more accurate measurements as a similarity metric for assigning weights
would help improving our algorithm.
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